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In this work, we study the multiplicity of solutions, via a truncation
argument, for a class of nonhomogeneous problems, under Neumann
boundary condition involving critical growth simultaneously in do-
main, and on the boundary of the domain, given by

−∆p(x)u+ |u|p(x)−2u + |u|h(x)−2u = λ|u|v(x)−2u

+ |u|r(x)−2u

[∫
Ω

1

r(x)
|u|r(x)dx

]α
in Ω,

|∇u|p(x)−2∂u

∂ν
= |u|q(x)−2u

[∫
∂Ω

1

q(x)
|u|q(x)dS

]β
on ∂Ω,

where Ω ∈ RN is a bounded smooth domain of RN , N ≥ 2, and

p, h, v, r ∈ C(Ω), q ∈ C(∂Ω),
∂u

∂ν
is the outer unit normal deriva-

tive, λ, α, β are positive parameters, and ∆p(x) is the p(x)-Laplace
operator. We consider the following critical Sobolev exponents

p∗(x) =
Np(x)

N − p(x)
and p∗(x) =

(N − 1)p(x)

N − p(x)
,

where p∗ is the critical exponent from the point of view of the trace.
The main tools used are the Lions’ Concentration-Compactness

Principle for variable exponent spaces and Krasnoselskii’s genus.
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